1 Derivation of equilibrium conditions

In this appendix, we show how to obtain the first order conditions stated in the

main text of the paper from the share equations. Solving
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with s; =1 — s; and n§ =1 —n{. Provided 4ypN.S < 1, these share functions

are well behaved. Substituting these share functions into
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and taking derivatives with respect to p;, a; and NS we get
conditions:
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which implies
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Replacing 1—4vpN S by A, and solving for p; — f; gives the equilibrium condition
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The other equilibrium conditions for ps — fa, a1 — ¢; and as — co are derived in
exactly the same fashion. Finally, to get the first order conditions on content,
use (9) and substitute in the equilibrium conditions for p; — f; and a; — ¢; and
likewise for (12) substitute in the equilibrium conditions for ps — fo and ag — cs.

2 Full comparative static results

If we define
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the full comparative static results allowing for network effects are:
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3 Derivation of elasticities with multihoming

Recall the following definitions in the text:
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where R; is exclusive readers and A; is exclusive advertisers. We work out each
elasticity in turn. We note for below that using the definitions of Ar and S;, we



can rewrite si in terms of observables (and likewise for n¥) so that
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3.1 Elasticity of readership share to content share

This is the elasticity
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where we have used the adjusted share equation
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3.2 Elasticity of readership share to advertising share

This is the elasticity
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where we have used the adjusted share equation

1 1—A .
s1= 2+ E) (b4 (Ng — N§) + 1 (Nf — N§) — B(p1 — p2) + 1 —€2).
2 1+ Ag



3.3 Elasticity of readership share to cover price

This is the elasticity
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where we have used the adjusted share equation
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3.4 Elasticity of advertising share to readership share

This is the elasticity
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where we have used the adjusted share equation
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3.5 Elasticity of advertising share to ad price

This is the elasticity
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where we have used the adjusted share equation
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